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conjecture

conjecture [HHU]
All conservative partially hyperbolic diffeomorphisms of a
3-manifold are dynamically coherent.
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supy∈T diam(h̄−1(y)) < C

h−1(y) ∩ (T × 0) ⊂W c(y) connected arc
Let p ∈ T × 0 periodic point
such that h−1(h(p)) ∩ (T × 0) small center arc
U small neighborhood of h−1(h(p)) ∩ (T × 0) in T × I

!
h−1(h(p)) ∩ U ⊂W cs

loc(p)

let y ∈ h−1(h(p)) ∩ U
let z ∈W s

loc(y) ∩ T × 0
⇒ h(z) ∈ h(W s

loc,f (y)) ⊂W s
loc,A(h(p))
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Take {x1, . . . , xN} ⊂ h−1(h(p)) ∩W cs
loc(p̄)

in different center curves
⇒ diam{f n(x1), . . . , f n(xN)} < C for all n ∈ Z
⇒ d(f−nk (xi), f−nk (xj)) < ε for some nk →∞

xi

α1 ⊂W c(xi)

xj

α2 ⊂W s(xj)

h̄−1(h̄(p̄)) ∩ R2

Figure: W cs(p̄)
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when nk →∞

f̄ n(α2)

f̄ n(α1)

f̄ n(x2)

f̄ n(x1)

F̄ cu(f̄ n(x1))
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conjecture

non-dynamical coherence conjecture (HHU)

f : M3 → M3 non-dynamically coherent.

Then M is either
1 T3

2 the mapping torus of −id : T2 → T2

3 the mapping torus of a hyperbolic automorphism

stronger non-dynamical coherence conjecture

f : M3 → M3 non-dynamically coherent.

Then, either:
1 ∃ Anosov torus tangent to Ec ⊕ Eu

2 ∃ Anosov torus tangent to Es ⊕ Ec
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